For a positive integer n let P (n) be the measure of the set of irrational numbers x ∈ (0, 1) such that the best approximation of x with denominator ≤ n is a convergent of the continued fraction expansion (in the sequel c.f.e.) of x. We shall show Theorem.
This answers a question proposed to A. Schinzel by M. Deleglise. The proof is based on several lemmas. We let 0 
is a convergent of the c.f.e. of x.
P r o o f. It suffices to prove (i) and (ii), the proof of (iii) and (iv) is analogous.
Assume that
.
In any case |p − q x| > |p i − q i x| and by Lemma 3, p i /q i is a convergent of the c.f.e. of x if q i > 1. If q i = 1 then p i /q i = 0 and obviously the same is true. Assume now that x ∈ (m i , c i ). Then m i < c i , hence q i > q i+1 by (1). We have
and, by Lemma 3, p i /q i is not a convergent of the c.f.e. of x.
Lemma 5. We have
P r o o f. Denoting the Lebesgue measure by m we have
where S i is the set of irrational numbers in the interval (p i /q i , p i+1 /q i+1 ) for which the best approximation with denominator ≤ n is a convergent of the c.f.e. of x. Clearly, p i /q i is the best approximation in question for x ∈ (p i /q i , c i ), and p i+1 /q i+1 for x ∈ (c i , p i+1 /q i+1 ). Hence, by Lemma 4,
Using (1) we obtain
Therefore, by (1),
Lemma 6. For n > 1 we have
where the sum * is taken over all pairs b, c ∈ N 2 such that b ≤ n < c < 2b and (b, c) = 1. P r o o f. By Lemmas 1 and 2 we have
The conditions 1 ≤ a < b, (a, b) = 1 are equivalent to b < a + b < 2b, (a + b, b) = 1. Replacing a + b by c and using Lemma 5 we obtain the lemma.
Lemma 7. For arbitrary positive numbers A < B we have
where ψ(x) = {x} − 1/2 and log + x = max{log x, 1}.
P r o o f. See Walfisz [5] , Chapter 1, §1, Hilfssatz 3.
Lemma 8. We have 
